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Absolutely Continuous Functions - Part 1
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Definition: §£: T —>R is called continuous if

VxeT Ye>0 35>0 YReT: |x-%]<§ => |$09-5®)| <e
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Definition: 31: I —>R is called uhiformly continuous if

Ve>0 35>0 VxxeI: [x-R|<§ => |§-5®]<e

Proposition: S—:I:a.l:__\ —> R : j: is contihuous <:> j: is uhiformly continuous

Proof: (:>) For given Xe I:a,l,] and €>0, there is Sx>0 with the property:

VXela,l): |x-%X]< §, => ‘;(x)—§(§)|<e
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—_]J > I:A,ﬂ = U Bsx(x) oPeh covering
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compactness

—> I:A,LJ = O :nggx.j)
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x i ~—>> smallest distance =: 7-§ ]

Definition:  §: [a,b] —> R is called absolutely continuous if

VC> 0 35>0 : for any finite collection of pairwise disjoint intervals

(XKISZO = [o\,L] (k= 1,...,m>
we have: Z'X"_ S(”kl <§ = Z ‘;(xk) — ')C(gk)| <¢
k=1 -
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