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Construction: @ N> [R (Make every Cauchy sequence convergent)
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Segquence: 17 ) 13- f is- ) %, 13- ) I) ~-3 Cauchy sequence and convergent with limit -%

Segquence: (03 | 0.33 0.33% , 7/\/\> Cauchy sequence and convergent with \imi’r%
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t e i(x“)hem \ VV\Q‘N  X,€ @ and (x"‘)hem is a Cauchy seq,uenoe}

For Two elements (G\“)nen\] , (L")nem’ define:

(G\“)nem ~ (L“)hem = (o\“— L")nelt\] convergent with limit 0

=> ~v is an eguivalence relation on t (reflexive, symmetric, transitive)

=> equivalence class ll(x".)helN ::i(m")helt\]

=

Definition: [, ﬁ/N = {;(x,,)mml\l \ (Xndery € ﬁ}

(&“)he N ™ (X‘")he N

I;(O\")"G'N}N + l;(L")"e'Ni\,\, = BO\“—‘—L")MN] (well—defined)

Y

|;(O\“)h€lN:lN . [(L,,)mm} = l;(O\,,- L")NN]N (well—defined)
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l;(O\“)helNilN < [(Lh)nenq]/\l = 3§5>0 ANeN Yn=N: S<b,-a,
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Properties: (A) (R( ul O) is an abelian group

(M) (R\EO% , ’]) is an abelian group (1‘«‘0)

(D) distributive law X'()I'I‘ 1) = Xy + X2

(0) £ is a total order, compatible with + and * , Archimedean property

X if X220

(C) Every Cauchy sequence is a convergent sequence., || ::{
X if X<0



